The purpose of this paper is to study generic submanifolds with parallel structures, generic product submanifolds and totally umbilical submanifolds of a locally conformal Kaehler manifold. Moreover, we give some examples of generic submanifolds of a locally conformal Kaehler manifold which are not CR-submanifolds.
r is called a local con formal gaehler (briefly, 1.c.K.) manifold if for any z e B there is an open neighborhood ql such that, for some differentiable function a:-R,g'= e-aglod is a Kaehler metric on q/. If =/ then the manifold is called a globally conformal Kaehler (briefly, g.c.K.) manifold.
Let g be the Kaehler form of an almost Hermitian manifold B defined by 2(U, V) g(V, dy), for any vector fields U, V on . Then it is easy to see that / is a 1.c.K. manifold if and only if there is a global 1-form w (the Lee form of ) such that dn^n, d 0,
(1.1) and is a g.c.K, manifold if and only if w is exact. For a 1.c.K. manifold/, the Lee vector field B is given by g(B, U) ,(U) (1.2) for any vector field U on . We denote by the Levi-Civita connection of g. We define a torsionfree linear connection on r by
M.H. SHAHID AND K. SEKIGAWA for any vector fields U,V on . The linear connection is called the Weyl connection of/. Then we may easily observe that the Weyl connection satisfies the condition: J 0, g 0 on each neighborhood on which (J,g'= e-a gl is a Kaehler structure. In general, let -I be a 2n-dimensional almost Hermitian manifold and M be an m-dimensional Riemman manifold isometrically immersed in Kt. Let V be the Levi-Civita connection on M induced by . Then the Gauss and Weingarten formulas are given respectively by uV= VuV+h(U,V),
for any vector fields U, V tangent to M and N normal to M, where h is the second fundamental form of M in and 7 3is the normal connection on the normal bundle T 3_(M) with respect to the Levi-Civita connection . Then we have g(ANU, V)= g(h(U,V),N), for any vector fields U,V tangent to M. For any vector field U tangent to M, we put JU PU + FU (1.6) where PU and FU are tangential and normal components of JU, respectively. Then P is an endomorphism of the tangent bundle T(M) of M and F is a normal bundle valued 1-form on T(M).
For ny vector field N normal to M, we put JN =tg+fg, (1.7) where N and fN are the tangential and normal components of JN, respectively. Then )' is an endomorphism of the normal bundle T _l_ (g) of M in / and is a tangent bundle valued 1-form on Let M be a generic submaxifold of an almost Hermitian manifold/. We call the distribution D the holomorphic distribution and the orthogonal complementary distribution D .l_ the purely real distribution. They satisfy the following relations:
Let , be the holomorphic normal space of M at x, i.e., Then ,x( e M) defines a differentiable vector subbundle , of T _l_ (g) satisfying T +/-(g) FD +/-+ , (direct sum), t(T 3-(g)) D +/-. We put dim D 2p and dim D +/q. If p, q > 1, then the generic submanifold M is said to be proper. In the sequel, we shall consider only proper generic submanifolds. We put uP)V u(PU)-P(V uV), (1.10) and (VuF)V-VI-(FV)-FVuV (1.11) or any vector fields U,V tangent to M. We say that P (resp. F) is parallel i 
for any X, Y ( D and Z, W (5 D .L.
We recall the conditions for the distributions D and D +/to be integrable.
(2.10) immediately that P and F are parallel, and furthermore D is integrable. So, it is worthwhile to study generic submanifolds with parallel structures and also totally umbilical generic submanifolds in a 1.c.K. manifold.
3. GENERIC SUBMANIFOLDS WITH PARELLEL STRUCTURES. In this section, we consider generic submanifolds with parallel P (resp. F) of a l.c.K, manifold. Next, we assume that p 1. Then, by (3.3), we have B DI =0. Let .9 2n + {x R 2n + 2;(x,r) 1} be a (2n + 1)-dimensional unit sphere with the canonical Sasakian structure (o,,0,h) induced from the Kaehler structure ('/0'( )) on I 2n+ 2. It is well known that the structure vector field defines the Hopf fibration r:S 2n + lcpn, where CP n is a (complex) ndimensional complex projective space equipped with the canonical Fibini-Study metric of constant holomorphic sectional curvature 4. Let S1= {etv/-Z-'f;t I} be a unit circle. We define an almost complex structure J on M S 2n + x S (resp..r s2n + x I) by JT , J T and JU ,U, (6.2) for any vector field U on 1 such that r/(U) 0, where T tt is the canonical unit vector field on S (resp. 1). Then (S 2n+ lxS1,j) (resp. (S 2n+ lxR1,J)) is a 1.c.K. manifold (resp. a g.c.K, manifold) together with the product metric g h + on g-I S 2n + x S (resp. 1 S 2n + x 1). Then the Lee form w of/ is given by w 2dr. I. We denote by Spq the Segre imbedding Spq:CPPCPq--CP p+q+ pq ( [2] ). Let M be any qdimensional purely real submanifold of cPq. Then M CP p M is a generic product submanifold
